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We present a spacetime discontinuous Galerkin (SDG) finite element method for elastic wave propagation
that is especially effective for problems involving shocks [1, 2]. We use differential calculus on manifolds to
develop a new spacetime formulation for linearized elastodynamics that begins with an integral statement
of momentum balance over an arbitrary control volume in the spacetime analysis domain Ω. This leads
to an equivalent localized system which includes the jump conditions that govern discontinuous response
across shocks and material interfaces.

A straightforward Bubnov-Galerkin weighted residual procedure generates a weak problem statement for a
solution with displacement derivatives in BV(Ω). We obtain the SDG finite element method by restricting
the solution to a finite-dimensional subspace defined with respect to an element partition of Ω. Despite
its simple Bubnov-Galerkin format, the new SDG method satisfies momentum balance exactly on each
spacetime element, is high-order stable and exhibits optimal convergence in smooth regions. There are
no extra stabilization terms and no tuning parameters. A direct element-by-element solution scheme,
with O (N) computational complexity and a rich parallel structure, can be used when the spacetime mesh
satisfies a certain causality cone constraint.

In this presentation, we emphasize applications of the SDG finite element method to problems involving
elastic wave propagation and scattering in elastic bodies. In particular, we consider wave propagation due
to impact loading and the problem of crack-tip wave scattering. The SDG solutions are remarkably free of
numerical artifacts, and there is excellent agreement in the wave-scattering problem between our numerical
predictions and analytical solutions for the history of the dynamic stress intensity factor.
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